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Abstract: Let 0 < q < ∞, 1 < p < ∞, 1
p

+ 1
p′

= 1, R+ = (0,∞), U : R+ →
R and V : R+ → R are wheighted functions, i.e. non-negative measurable
functions on R+.

Since the 70-s of the last century the weighted estimate of the form

‖UKf‖q ≤ C‖V f‖p (1)

intensively studied in the world mathematical literature for different classes of
the operators K, where ‖ ·‖p is the usual norm of the space Lp ≡ Lp(R). Some
directions of the research of the estimate (1) until 2000 year for the integral
operators are summarized in the books [1], [2], [3]. In the paper [4] the estimate
(1) was studied for some classes of the operator Kf and also a full description
of weights U and V was given there.

In this paper we study the estimate (1) for the singular operator in the form

Kf(x) =
x∫
0

ln x
x−sf(s)ds, when V (x) = x1−γ, γ > 0.

Theorem. Let 1 < p ≤ q <∞, γ > 1
p
. The inequality (1) holds if and only

if

A = sup
x>0

x
γ+ 1

p′

 ∞∫
x

U q(t)t−qdt

 1
q

<∞,

wherein C ≈ A, where C is the best constant (1).
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