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Abstract: The work is done together with A.A. Kalybay.

Let I = (a; b), �1 � a < b � 1, and 1 < p; q < 1. Let ! and v be non-
negative and measurable functions almost everywhere �nite on I such that
!�q

0
, !q, vp

0
and v�p

0
are locally summable on I.

Let M # and M " be sets of functions non-increasing and non-decreasing on
I, respectively.

For the integral operators

K�f(x) =

�(x)Z
�(x)

K(s; x)f(s)ds and K+f(x) =

�(x)Z
�(x)

K(x; s)f(s)ds

we consider the inequalities

(1) k!K�fkq � Ckvfkp; f 2M #;

(2) k!K+fkq � Ckvfkp; f 2M ";
where k � kp is the standard norm of the space Lp(I). Moreover, the boundary
functions � and � satisfy the following conditions:

(i) �(x) and �(x) are functions di�erentiable and strictly increasing on I;

(ii) �(x) < �(x) for any x 2 I; lim
x!a+

�(x) = lim
x!a+

�(x) = a and lim
x!b�

�(x) =

lim
x!b�

�(x) = b.

In the case when K(s; x) � 1 the operator K�f(x) is called the Hardy-
Steklov operator. Weighted inequalities of the form (1) and (2) for the Hardy-
Steklov operators have been investigated with success [1]. The similar problem
for operators with kernels has remained unsolved up to now. The aim of this
work is to get necessary and su�cient conditions for the validity of inequalities
(1) and (2) when the kernels K(�; �) are from a large class.
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